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Abstract: This paper proposes a multi-agent control scheme for multiple physically inter-
connected tugboats performing a ship towing process. These tugs are coordinated by two
control layers. In the higher layer, the supervisory controller outputs the desired towing forces
and reference trajectories for the tugs. This information is used by a tug’s local controller
in the lower layer to calculate the thruster forces and moment for manipulating the ship.
The control strategy is based on the model predictive control concept, with the performance
function designed by using the position and velocity error to make the ship follow waypoints and
speed profile. A distributed control architecture is designed based on the alternating direction
method of multipliers (ADMM) to reach a consensus between the predicted position generated
by the tug controllers and the reference trajectory generated by the supervisory controller.
Simulation experiments illustrate that the proposed method ensures the smooth and efficient
maneuverability of the towing process.
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1. INTRODUCTION

Autonomous Surface Vessels (ASVs) have been applied
for carrying out various types of missions (Liu et al.
(2016)). In recent years, the high mission complexity
motivates the research of the multi-vessel systems. There
are two types of connections for this kind of system:
cyber-connected and physical-connected. In the first case,
all vessels are clustered within a safe distance forming
a certain formation shape (Chen et al. (2018)), and the
connection is realized through a digital network. In the
second case, there is a physical link (through a cable
(Arrichiello et al. (2011)) or direct attachment (Bidikli
et al. (2016))) between vessels. Physical connection often
involves a floating object, manipulated by multiple vessels
to the desired states. Compared to the cyber-connected
system, this type has less ability of maneuvering.

As a typical application of the physical-connected multi-
vessel systems, the ship-towing manipulation is an impor-
tant but also hazardous and challenging task in the ship-
ping industry. In previous research, we have investigated
a set of cooperative control schemes for a ship-towing
system to deal with the position and heading control of
the ship (Du et al. (2020)), the robust control against
environmental disturbances (Du et al. (2021a)), and the
distance control for collision avoidance (Du et al. (2021b)).
All these works focus on implementing the mission of
ship manipulation but pay less attention to the towing
process. Since the vessel speed is relevant to the smooth-
ness of the motion, the efficiency of the navigation and
the fuel consumption, especially in the restricted inland
waterways (Tarelko and Rudzki (2020)), it is necessary
to take into consideration the speed regulation for such
a maneuverability-restricted system. In practice, before

carrying out the towage operations speed recommenda-
tions (Shipowner (The Shipowners’ Club (2015)) and DNV
classification society (Hansen (2014))) are given for dealing
with different situations, such as bad weather and variable
water depth conditions.

The vessel speed regulation is meant for improving the reli-
ability of small high-speed vessels (Sorensen et al. (2017)).
Scholars in (Klinger et al. (2017)) design an adaptive
yaw and speed controller using the backstepping method
for tracking the desired surge speed and heading angle.
In (Lv et al. (2019)), authors combine the backstepping-
based surge speed controller and the hamiltonian system-
based energy controller for speed and heading control of
unmanned surface vehicles. In (Peng et al. (2021)), re-
searchers combine an adaptive identification and a PWM-
driven model predictive controller to deal with the surge
speed control problem under the unknown model param-
eters of surge and propeller dynamics.

The above research works consider a single vessel case.
For the physical-connected multi-vessel system that we
consider, there is a lack of research focusing on speed
regulation. Thus, the goal and the main contribution of
this work is to propose a multi-agent cooperative speed
regulation scheme for a physically interconnected multi-
ASV system performing a towing process. The multi-agent
control architecture facilitates the scalability of the ship
towing process (Negenborn and Maestre (2013)), where
the number of tugboats depends on the weather conditions
and the length of the ship (Hensen (2003)). The proposed
control scheme can make the multiple autonomous tugs
cooperatively manipulate a ship to the desired position
with the desired heading and follow the recommended
speed profiles.
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waterways (Tarelko and Rudzki (2020)), it is necessary
to take into consideration the speed regulation for such
a maneuverability-restricted system. In practice, before

carrying out the towage operations speed recommenda-
tions (Shipowner (The Shipowners’ Club (2015)) and DNV
classification society (Hansen (2014))) are given for dealing
with different situations, such as bad weather and variable
water depth conditions.

The vessel speed regulation is meant for improving the reli-
ability of small high-speed vessels (Sorensen et al. (2017)).
Scholars in (Klinger et al. (2017)) design an adaptive
yaw and speed controller using the backstepping method
for tracking the desired surge speed and heading angle.
In (Lv et al. (2019)), authors combine the backstepping-
based surge speed controller and the hamiltonian system-
based energy controller for speed and heading control of
unmanned surface vehicles. In (Peng et al. (2021)), re-
searchers combine an adaptive identification and a PWM-
driven model predictive controller to deal with the surge
speed control problem under the unknown model param-
eters of surge and propeller dynamics.

The above research works consider a single vessel case.
For the physical-connected multi-vessel system that we
consider, there is a lack of research focusing on speed
regulation. Thus, the goal and the main contribution of
this work is to propose a multi-agent cooperative speed
regulation scheme for a physically interconnected multi-
ASV system performing a towing process. The multi-agent
control architecture facilitates the scalability of the ship
towing process (Negenborn and Maestre (2013)), where
the number of tugboats depends on the weather conditions
and the length of the ship (Hensen (2003)). The proposed
control scheme can make the multiple autonomous tugs
cooperatively manipulate a ship to the desired position
with the desired heading and follow the recommended
speed profiles.
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1. INTRODUCTION

Autonomous Surface Vessels (ASVs) have been applied
for carrying out various types of missions (Liu et al.
(2016)). In recent years, the high mission complexity
motivates the research of the multi-vessel systems. There
are two types of connections for this kind of system:
cyber-connected and physical-connected. In the first case,
all vessels are clustered within a safe distance forming
a certain formation shape (Chen et al. (2018)), and the
connection is realized through a digital network. In the
second case, there is a physical link (through a cable
(Arrichiello et al. (2011)) or direct attachment (Bidikli
et al. (2016))) between vessels. Physical connection often
involves a floating object, manipulated by multiple vessels
to the desired states. Compared to the cyber-connected
system, this type has less ability of maneuvering.

As a typical application of the physical-connected multi-
vessel systems, the ship-towing manipulation is an impor-
tant but also hazardous and challenging task in the ship-
ping industry. In previous research, we have investigated
a set of cooperative control schemes for a ship-towing
system to deal with the position and heading control of
the ship (Du et al. (2020)), the robust control against
environmental disturbances (Du et al. (2021a)), and the
distance control for collision avoidance (Du et al. (2021b)).
All these works focus on implementing the mission of
ship manipulation but pay less attention to the towing
process. Since the vessel speed is relevant to the smooth-
ness of the motion, the efficiency of the navigation and
the fuel consumption, especially in the restricted inland
waterways (Tarelko and Rudzki (2020)), it is necessary
to take into consideration the speed regulation for such
a maneuverability-restricted system. In practice, before

carrying out the towage operations speed recommenda-
tions (Shipowner (The Shipowners’ Club (2015)) and DNV
classification society (Hansen (2014))) are given for dealing
with different situations, such as bad weather and variable
water depth conditions.

The vessel speed regulation is meant for improving the reli-
ability of small high-speed vessels (Sorensen et al. (2017)).
Scholars in (Klinger et al. (2017)) design an adaptive
yaw and speed controller using the backstepping method
for tracking the desired surge speed and heading angle.
In (Lv et al. (2019)), authors combine the backstepping-
based surge speed controller and the hamiltonian system-
based energy controller for speed and heading control of
unmanned surface vehicles. In (Peng et al. (2021)), re-
searchers combine an adaptive identification and a PWM-
driven model predictive controller to deal with the surge
speed control problem under the unknown model param-
eters of surge and propeller dynamics.

The above research works consider a single vessel case.
For the physical-connected multi-vessel system that we
consider, there is a lack of research focusing on speed
regulation. Thus, the goal and the main contribution of
this work is to propose a multi-agent cooperative speed
regulation scheme for a physically interconnected multi-
ASV system performing a towing process. The multi-agent
control architecture facilitates the scalability of the ship
towing process (Negenborn and Maestre (2013)), where
the number of tugboats depends on the weather conditions
and the length of the ship (Hensen (2003)). The proposed
control scheme can make the multiple autonomous tugs
cooperatively manipulate a ship to the desired position
with the desired heading and follow the recommended
speed profiles.

The remainder of this paper is organized as follows: Section
2 formulates the problem of the ship towing. The proposed
cooperative control approach is given in Section 3. In
Section 4, simulation experiments are carried out to assess
the proposed method. Conclusions and future research
plans are given in Section 5.

2. PROBLEM STATEMENT

The objective of this work is to design a cooperative con-
trol scheme to manipulate a ship smoothly and efficiently
to the desired states by two autonomous tugs. The mo-
tion of each individual vessel is represented by the 3-DoF
(degree of freedom) hydrodynamic model (Fossen (2011)):

η̇∗(t) = R
(
ψ∗(t)

)
ν∗(t)

M∗ν̇∗(t) +C∗
(
ν∗(t)

)
ν∗(t) +D∗ν∗(t) = τ∗(t),

(1)

where ∗ stands for S (ship) or i (tug, i = 1, 2); η∗(t) =
[x∗(t) y∗(t) ψ∗(t)]

T ∈ R3 is the position vector in the
world frame including position coordinates

(
x∗(t), y∗(t)

)
and heading ψ∗(t); ν∗(t) = [u∗(t) v∗(t) r∗(t)]

T ∈ R3 is
the velocity vector in the Body-fixed frame containing
the velocity of surge u∗(t), sway v∗(t) and yaw r∗(t);
R ∈ R3×3 is the rotation matrix from the body frame
to the world frame, which is a function of heading; M∗ ∈
R3×3, C∗ ∈ R3×3 and D∗ ∈ R3×3 are the mass (inertia),
Coriolis-Centripetal and damping matrix, respectively;
τ∗(t) = [τ∗u(t) τ∗v(t) τ∗r(t)]

T ∈ R3 is the controllable input
referring to the forces τ∗u(t), τ∗v(t) and moment τ∗r(t) in
the Body-fixed frame. The motion of a vessel in this model
can be decomposed into speed (surge) and steering (sway
and yaw) parts. Speed regulation in this paper refers to
regulating the magnitude of the surge velocity.

The controllable inputs of the ship (τS(t)) are the forces
from the towing lines applied by the two tugs (see (Du
et al. (2020)) for details on modelling of the ship towing
system), which can be expressed as:

τS(t) = τS1(t) + τS2(t) =
2∑

i=1

BS

(
αi(t)

)
Fi(t)

BS =



cos

(
αi(t)

)
sin

(
αi(t)

)
li sin

(
αi(t)

)


 (i = 1, 2),

(2)

where Fi(t) is the towing force; BS is the configuration
matrix which is a function of the towing angle (αi(t)); li is
the distance from the center of gravity of the ship to the
ship stern (l1) or the ship bow (l2).

To increase the flexibility of the towing process, the actu-
ator system of a tug usually contains two stern azimuth
thrusters and one bow tunnel thruster, known as the ASD
tug, that can create omnidirectional forces and moments
(Hensen (2003)). The inputs of the i-th tug (τi(t)) are
expressed as:

τi(t) = Bi

(
βi(t)

)
F

′

i (t) + τTi
(t)

Bi =



cos

(
βi(t)

)
sin

(
βi(t)

)
lTi sin

(
βi(t)

)


 (i = 1, 2),

(3)
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Fig. 1. Multi-vessel system control diagram.

where Bi is the configuration matrix of the tugs; βi(t) is
the tug angle; lTi is the distance from the center of gravity

of the tug to the tug stern (lT2
) or the tug bow (lT1

); F
′

i (t)
is the force applied through a controlled winch onboard
the tugboat to the towline. Assuming no force loss on the
towline, then F

′

i (t) ≡ Fi(t). The term τTi(t)∈R3 are the
forces and moment to move the tug.

3. DISTRIBUTED COOPERATIVE SPEED
REGULATION SCHEME

The cooperative control scheme is based on the distributed
multi-layer control structure as shown in Fig. 1. At the
higher layer, according to the ship reference path ηSd

(t),
speed profile νSd

(t) and current states ηS(t), νS(t), the
supervisory controller (located on the ship) calculates
the towing forces Fi(t) and the reference trajectory of
the tugs ηid

(
αi(t)

)
, which is a function of the towing

angles αi(t). At the lower layer, the tug local controller
uses the calculated above data and the current states of
tugs ηi(t), νi(t) to first calculate the predicted position
ηiP(t), and share this information with the supervisory
controller to reach a consensus between the predicted
position and the tug reference trajectory (ηiP(t) = ηid(t)).
Then, the supervisory controller updates the towing forces
and angles. When the consensus is achieved, the tug local
controller outputs the thruster forces and moment τi(t) to
the tug system. Finally, the two autonomous tugs provide
forces and moment (τS1

(t) and τS2
(t)) through a winch

onboard to manipulate the ship.

3.1 Control Performance Function Design

The manipulated ship in such a maneuverability-restricted
towing system requires more time to respond to the control
order provided by tugboats, making necessary to take
actions in advance over the prediction horizon. There
are also multiple control constraints such as kinematics,
kinetics, and actuator saturation. Considering the above
features, the Model Predictive Control (MPC) is applied
for the design of the controllers.

For the Supervisory Controller, the objective is to make
the ship follow the waypoints and speed profile. The
performance function of the ship at sampled time k is
designed as:

JS(k) = eTηS
(k)WS1eηS

(k) + eTνS
(k)WS2eνS

(k)

eηS
(k) = ηSP

(k)− ηSd
(k)

eνS
(k) = νSP

(k)− νSd
(k),

(4)
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The remainder of this paper is organized as follows: Section
2 formulates the problem of the ship towing. The proposed
cooperative control approach is given in Section 3. In
Section 4, simulation experiments are carried out to assess
the proposed method. Conclusions and future research
plans are given in Section 5.

2. PROBLEM STATEMENT

The objective of this work is to design a cooperative con-
trol scheme to manipulate a ship smoothly and efficiently
to the desired states by two autonomous tugs. The mo-
tion of each individual vessel is represented by the 3-DoF
(degree of freedom) hydrodynamic model (Fossen (2011)):
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(
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ν∗(t) +D∗ν∗(t) = τ∗(t),

(1)

where ∗ stands for S (ship) or i (tug, i = 1, 2); η∗(t) =
[x∗(t) y∗(t) ψ∗(t)]

T ∈ R3 is the position vector in the
world frame including position coordinates

(
x∗(t), y∗(t)

)
and heading ψ∗(t); ν∗(t) = [u∗(t) v∗(t) r∗(t)]

T ∈ R3 is
the velocity vector in the Body-fixed frame containing
the velocity of surge u∗(t), sway v∗(t) and yaw r∗(t);
R ∈ R3×3 is the rotation matrix from the body frame
to the world frame, which is a function of heading; M∗ ∈
R3×3, C∗ ∈ R3×3 and D∗ ∈ R3×3 are the mass (inertia),
Coriolis-Centripetal and damping matrix, respectively;
τ∗(t) = [τ∗u(t) τ∗v(t) τ∗r(t)]

T ∈ R3 is the controllable input
referring to the forces τ∗u(t), τ∗v(t) and moment τ∗r(t) in
the Body-fixed frame. The motion of a vessel in this model
can be decomposed into speed (surge) and steering (sway
and yaw) parts. Speed regulation in this paper refers to
regulating the magnitude of the surge velocity.

The controllable inputs of the ship (τS(t)) are the forces
from the towing lines applied by the two tugs (see (Du
et al. (2020)) for details on modelling of the ship towing
system), which can be expressed as:

τS(t) = τS1(t) + τS2(t) =
2∑
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where Fi(t) is the towing force; BS is the configuration
matrix which is a function of the towing angle (αi(t)); li is
the distance from the center of gravity of the ship to the
ship stern (l1) or the ship bow (l2).

To increase the flexibility of the towing process, the actu-
ator system of a tug usually contains two stern azimuth
thrusters and one bow tunnel thruster, known as the ASD
tug, that can create omnidirectional forces and moments
(Hensen (2003)). The inputs of the i-th tug (τi(t)) are
expressed as:
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where Bi is the configuration matrix of the tugs; βi(t) is
the tug angle; lTi is the distance from the center of gravity

of the tug to the tug stern (lT2
) or the tug bow (lT1

); F
′

i (t)
is the force applied through a controlled winch onboard
the tugboat to the towline. Assuming no force loss on the
towline, then F

′

i (t) ≡ Fi(t). The term τTi(t)∈R3 are the
forces and moment to move the tug.

3. DISTRIBUTED COOPERATIVE SPEED
REGULATION SCHEME

The cooperative control scheme is based on the distributed
multi-layer control structure as shown in Fig. 1. At the
higher layer, according to the ship reference path ηSd

(t),
speed profile νSd

(t) and current states ηS(t), νS(t), the
supervisory controller (located on the ship) calculates
the towing forces Fi(t) and the reference trajectory of
the tugs ηid

(
αi(t)

)
, which is a function of the towing

angles αi(t). At the lower layer, the tug local controller
uses the calculated above data and the current states of
tugs ηi(t), νi(t) to first calculate the predicted position
ηiP(t), and share this information with the supervisory
controller to reach a consensus between the predicted
position and the tug reference trajectory (ηiP(t) = ηid(t)).
Then, the supervisory controller updates the towing forces
and angles. When the consensus is achieved, the tug local
controller outputs the thruster forces and moment τi(t) to
the tug system. Finally, the two autonomous tugs provide
forces and moment (τS1

(t) and τS2
(t)) through a winch

onboard to manipulate the ship.

3.1 Control Performance Function Design

The manipulated ship in such a maneuverability-restricted
towing system requires more time to respond to the control
order provided by tugboats, making necessary to take
actions in advance over the prediction horizon. There
are also multiple control constraints such as kinematics,
kinetics, and actuator saturation. Considering the above
features, the Model Predictive Control (MPC) is applied
for the design of the controllers.

For the Supervisory Controller, the objective is to make
the ship follow the waypoints and speed profile. The
performance function of the ship at sampled time k is
designed as:

JS(k) = eTηS
(k)WS1eηS

(k) + eTνS
(k)WS2eνS

(k)

eηS
(k) = ηSP

(k)− ηSd
(k)

eνS
(k) = νSP

(k)− νSd
(k),

(4)
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where eηS
(k)∈R3 and eνS

(k)∈R3 are the position and
velocity error of the ship; ηSP

(k)∈R3 and νSP
(k)∈R3 are

the predicted position and velocity of the ship; ηSd
(k)∈R3

and νSd
(k)∈R3 are the desired position and velocity of

the ship, where ηSd
(k) is the data of next waypoint, and

νSd
(k) is the speed profile;WS1 = diag(wSx wSy wSψ) and

WS2 = diag(wSu wSv wSr) are the weight coefficients.

For each waypoint-following task, the value of position
error at the beginning is maximum, the controller focuses
on approaching the waypoint and increases the ship’s
speed. As the value of position error reduces, the velocity
part is gradually dominant in the performance function,
the speed profile-following task then starts to perform.
Thus, it is necessary to add a weight factor in the position
part to normalize the order of magnitude between the
position and velocity errors, and to reduce the sensitivity
of the controller to the waypoint distance. The weight
factor is designed as a diagonal matrix:

P (t) =




1/dWj(t)
1/dWj(t)

1


 , (5)

dWj(t) =

√(
xS(t)− xWj

)2
+
(
yS(t)− yWj

)2
, (6)

where dWj(t) is the distance from current position of
the ship (xS(t), yS(t)) to the waypoint j (xWj , yWj). By
applying (5) and (6), the performance function in (4) is
revised as:

JS(k) = eTηS
(k)WS1P (k)eηS

(k) + eTνS
(k)WS2eνS

(k). (7)

For the Tug Local Controller, the objective is to track the
tug reference trajectory. The performance function of the
tug i at sample time k is designed as:

Ji(k) = eTηi
(k)Wi1eηi

(k) + νT
iP
(k)Wi2νiP(k)

eηi(k) = ηiP(k)− ηid(k),
(8)

where eηi(k)∈R3 is the position error of the tug i;
ηiP(k)∈R3 and νiP(k)∈R3 are the predicted position and
velocity of the tug i; ηid(k) is the tug reference trajectory;
Wi1 = diag(wix wiy wiψ) and Wi2 = diag(wiu wiv wir)
are the weight coefficients.

3.2 MPC-based Control Strategy

Based on the above performance function, the MPC strat-
egy for the supervisory and tug local controllers are for-
mulated as:

US = min
τS

HP∑
h=1

JS(k + h| k), (9)

Ui = min
τTi

HP∑
h=1

Ji(k + h| k), (10)

subject to the dynamics and operational constraints,

where US and Ui are the control inputs of the ship and tug
i; HP is the length of the prediction horizon; h is the hth
time prediction step; JS(k + h| k) and Ji(k + h| k) are the

prediction made at k about the cost of the ship and tug i
at k + h, respectively. The constraints are defined below.

The dynamics of the ship and the tug i in (4) and (8), are
calculated by discretizing the dynamic model in Section 2
with a sample time Ts:

ηSP
(k + 1) = ηSP

(k) +
∫ (k+1)Ts

kTs
R(ψS(t))νS(t)dt

νSP(k + 1) = νSP(k) +
∫ (k+1)Ts

kTs
M−1

S [−CS(νS(t))νS(t)

−DSνS(t)−B(α1(t))F1(t) +B(α2(t))F2(t)]dt,
(11)

ηiP(k + 1) = ηiP(k) +
∫ (k+1)Ts

kTs
R(ψi(t))νi(t)dt

νiP(k + 1) = νiP(k) +
∫ (k+1)Ts

kTs
M−1

i [−Ci(νi(t))νi(t)

−Diνi(t) +Bi(βi(t))Fi(t) + τTi
(t)]dt.

(12)

For all k and i = 1, 2, the operational constraints for the
control inputs are expressed as:

− 30◦ ≤ αi(k) < 30◦ (13)

0 ≤ Fi(k) ≤ Fimax (14)

− τimax ≤ τi(k) ≤ τimax (15)

|α̇i(k)| ≤ ᾱi (16)∣∣∣Ḟi(k)
∣∣∣ ≤ F̄i (17)

where Fimax is the maximum value of towing force that
the two towing lines withstand; τimax is the maximum
value of the thruster forces and moment; ᾱi and F̄i are
the maximum change rate value of towing angle and force,
respectively.

Constraints (13), (14) and (15) model the saturation
of the towing forces, towing angles and thruster forces,
stemming from the physical laws and maritime practice
(Hensen (2003)); (16) and (17) limit the change rate of
the towing angles and forces, in order to make the tug
reference trajectory smooth improving the performance of
the trajectory tracking.

3.3 ADMM-based Distributed Control Scheme

The Altering Direction Method of Multipliers (ADMM) is
a widely used algorithm well suited to distributed opti-
mization, whose idea is to blend the dual ascent optimiza-
tion approach with the augmented Lagrangians method of
multipliers, which obtains superior decomposability and
convergence properties (Stephen et al. (2010)).

In our case, the supervisory controller provides the refer-
ence trajectory to the two tug local controllers (ηid(k)),
which is calculated by the desired geometrical relationship
between the ship and tugs (shown in Fig. 2) (Du et al.
(2020)); i.e. for i = 1, 2:

ηid(k) = ηSP
(k) + (ltowi

+ lTi
)Ei(ψSP

(k), αi(k))+

liFi(ψSP
(k)) + αi(k)[0 0 1]T,

(18)

where ltowi is the length of the towing line; Ei∈R3 and
Fi∈R3 are the vectors related to the predicted heading of
the ship and the towing angles, formulated as:
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Fig. 2. Kinematic model of the ship towing system.

Ei = (−1)i

[
sin(ψSP

(k) + αi(k))
cos(ψSP

(k) + αi(k))
0

]
, (19)

Fi = (−1)i

[
sin(ψSP

(k))
cos(ψSP

(k))
0

]
. (20)

Thus, the consensus between the ship and tugs can be
achieved by making the tug’s predicted position equal to
the tug reference trajectory. The augmented Lagrangian
form at time instant k can be formulated as:

Lp

(
τS(k), τTi(k), λi(k)

)
= JS

(
τS(k)

)
+

2∑
i=1

(
Ji
(
τTi(k)

)

+λT
i (k)[ηiP(k)− ηid(k)]+(ρ/2) ‖ηiP(k)− ηid(k)‖

2
2

)
,

(21)

where λi(k) is the Lagrange multiplier or dual variable,
and ρ is the penalty parameter. According to (18)-(20),
ηid(k) is a function of the towing angle αi(k) and ship’s
heading ψSP

(k). The variable αi(k) is an element of the
τS(k), and ψSP

(k) can be calculated by the ship dynamics
(11). Thus, ηid(k) is a function of τS(k):

ηid(k) = fi
(
τS(k)

)
. (22)

Similarly, ηiP(k) can be calculated based on the tug
dynamics (12), as a function of τTi

(k):

ηiP(k) = gi
(
τTi

(k)
)
. (23)

According to (21) - (23), the ADMM form of the iterations
are formulated as:
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where s is the iteration, ·s stands for the corresponding
variable at the sth iteration.

The termination criterion for the iterations is provided
according to the following conditions:
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(27)

where Rs
pri,i and Rs

dual,i are the primal and dual residual
at iteration s; εspri,i > 0 and εsdual,i > 0 are feasibility
tolerances.

4. SIMULATION EXPERIMENT

A simulation experiment was carried out to show the
application of the proposed method to a ship-towing
system of small-scale vessels and the comparison with a
non-speed regulation method.

The model of the two tugs are represented by the
“TitoNeri” developed by TU Delft (Skjetne et al. (2004)),
while the ship is represented by the “CyberShip II ”
(Haseltalab and Negenborn (2019)). The parameters of the
vessel model and the towing system can be found in (Du
et al. (2020)).

The value of weight coefficients are set as: WS1 =
diag(1 1 0.2), WS2 = diag(200 20 20); Wi1 =
diag(1 1 1), Wi2 = diag(2 2 2). The parameters of oper-
ational constraints are set as: Fimax = 3 N, τimax = 10 N,
ᾱi = 5◦/s, F̄i = 0.1 N/s. The prediction horizon HP is set
to 3. The objective is to manipulate the ship from initial
states ηS0 = [0 0 78.7]T to the target states ηSt = [20 −
20 0]T. Between the origin (WpO) and the destination
(WpD), there are three waypoints, whose coordinates are:
Wp1 = (7.5, 1.5), Wp2 = (15, 3), Wp3 = (20, 10).

We consider two scenarios, A and B. In the scenario A, the
position weight wSx and wSy are constant and there is no
speed profile, the second part in the cost function (4) is the
velocity as in (8). In the control scenario B, the position
weight wSx and wSy are time-varying calculated by (5)
and (6). The speed profile is set as: from WpO to Wp2,
νSd1

= [0.15 0 0]T; fromWp2 to WpD, νSd2
= [0.10 0 0]T;

at WpD, νSd3
= [0 0 0]T.

The towing process is shown in Fig. 3. For the first two
waypoint-following, the three vessels in the two scenarios
have similar trajectories where the three trajectories over-
lap in the straight path. However, for the next steering
process, the performance is much different. It is observed
that the three trajectories in scenario A have much more
fluctuations than those in scenario B, especially for the
two tugs. From the view of the time cost, comparing the
time for arriving at each waypoint, scenario B is more
efficient than scenario A. Thus, although the two scenarios
achieve to manipulate the ship to the desired states, the
vessels in scenario B have smoother trajectories and faster
accomplishment. The reason can be analyzed by looking
into the vessel’s states.
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Fig. 2. Kinematic model of the ship towing system.
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Thus, the consensus between the ship and tugs can be
achieved by making the tug’s predicted position equal to
the tug reference trajectory. The augmented Lagrangian
form at time instant k can be formulated as:
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where λi(k) is the Lagrange multiplier or dual variable,
and ρ is the penalty parameter. According to (18)-(20),
ηid(k) is a function of the towing angle αi(k) and ship’s
heading ψSP

(k). The variable αi(k) is an element of the
τS(k), and ψSP

(k) can be calculated by the ship dynamics
(11). Thus, ηid(k) is a function of τS(k):

ηid(k) = fi
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. (22)

Similarly, ηiP(k) can be calculated based on the tug
dynamics (12), as a function of τTi

(k):
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According to (21) - (23), the ADMM form of the iterations
are formulated as:
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where s is the iteration, ·s stands for the corresponding
variable at the sth iteration.

The termination criterion for the iterations is provided
according to the following conditions:
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where Rs
pri,i and Rs

dual,i are the primal and dual residual
at iteration s; εspri,i > 0 and εsdual,i > 0 are feasibility
tolerances.

4. SIMULATION EXPERIMENT

A simulation experiment was carried out to show the
application of the proposed method to a ship-towing
system of small-scale vessels and the comparison with a
non-speed regulation method.

The model of the two tugs are represented by the
“TitoNeri” developed by TU Delft (Skjetne et al. (2004)),
while the ship is represented by the “CyberShip II ”
(Haseltalab and Negenborn (2019)). The parameters of the
vessel model and the towing system can be found in (Du
et al. (2020)).

The value of weight coefficients are set as: WS1 =
diag(1 1 0.2), WS2 = diag(200 20 20); Wi1 =
diag(1 1 1), Wi2 = diag(2 2 2). The parameters of oper-
ational constraints are set as: Fimax = 3 N, τimax = 10 N,
ᾱi = 5◦/s, F̄i = 0.1 N/s. The prediction horizon HP is set
to 3. The objective is to manipulate the ship from initial
states ηS0 = [0 0 78.7]T to the target states ηSt = [20 −
20 0]T. Between the origin (WpO) and the destination
(WpD), there are three waypoints, whose coordinates are:
Wp1 = (7.5, 1.5), Wp2 = (15, 3), Wp3 = (20, 10).

We consider two scenarios, A and B. In the scenario A, the
position weight wSx and wSy are constant and there is no
speed profile, the second part in the cost function (4) is the
velocity as in (8). In the control scenario B, the position
weight wSx and wSy are time-varying calculated by (5)
and (6). The speed profile is set as: from WpO to Wp2,
νSd1

= [0.15 0 0]T; fromWp2 to WpD, νSd2
= [0.10 0 0]T;

at WpD, νSd3
= [0 0 0]T.

The towing process is shown in Fig. 3. For the first two
waypoint-following, the three vessels in the two scenarios
have similar trajectories where the three trajectories over-
lap in the straight path. However, for the next steering
process, the performance is much different. It is observed
that the three trajectories in scenario A have much more
fluctuations than those in scenario B, especially for the
two tugs. From the view of the time cost, comparing the
time for arriving at each waypoint, scenario B is more
efficient than scenario A. Thus, although the two scenarios
achieve to manipulate the ship to the desired states, the
vessels in scenario B have smoother trajectories and faster
accomplishment. The reason can be analyzed by looking
into the vessel’s states.



388	 Zhe Du  et al. / IFAC PapersOnLine 54-16 (2021) 384–389

tA1 = 0 s 
tA2 = 100 s 

tA3 = 195 s

tA4 = 290 s 

tA5 = 580 s 

WpO

Wp1

Wp2

Wp3

WpD

x Origin
Destination
Waypoint
Tug 1
Ship
Tug 2

x
x

(a)

tB1 = 0 s 
tB2 = 60 s 

tB3 = 115 s 

tB4 = 200 s 

tB5 = 362 s 

WpO

Wp1

Wp2

Wp3

WpD

x Origin
Destination
Waypoint
Tug 1
Ship
Tug 2

x
x

(b)

Fig. 3. Towing process: (a) Simulation in scenario A; (b) Simulation in scenario B.
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Fig. 4. Six states of the ship (red bold line) and the two tugs (green dotted line for Tug 1 and blue dotted line for Tug
2), the black dashed line stands for their desired value, the circles are the sampled time in Fig. 3: (a) Simulation
in scenario A; (b) Simulation in scenario B.

Fig. 5. Towing angles and forces: the black solid line is
scenario A, the red dashed line is scenario B.

The time-varying states of the ship and two tugs are shown
in Fig. 4. The main difference between the two scenarios
is the changes in velocity. In scenario B, the ship’s surge

speed stably follows its profile from 0.15 m/s decreasing
to 0.1 m/s and finally fixing at 0 m/s, the ship’s sway and
yaw speed vary around zero. The only one-time change
of the yaw speed is when the towing system starts to
conduct steering operation (around 100 s). However, the
ship’s velocity in scenario A has much more oscillations.
For the surge speed, there are four “jagged” changes in the
towing process. These “jags” are derived from the changes
of the position errors in each time of the waypoint following
(totally four times), which is from the maximum value at
the beginning decreasing to the minimum value in the end.
With a constant position weight, such changes motivate
the surge speed to vary from the highest to the lowest.
Similarly for the ship’s sway and yaw speed, because of
the steering operation of following the third waypoint and
the destination point, the sway and yaw speed jump to a
high value at the beginning, while the two tugs have to
carry out more frequent and larger changes in sway and
yaw motion to satisfy the high sway and yaw velocities of
the ship. Thus, there are such frequent fluctuations for the
three trajectories in scenario A.

Fig. 5 shows the time-varying towing angles and forces,
and all the variables satisfy the operational constraints.
For the towing angles, the values in scenario B are ob-
viously smaller than those in scenario A. For the towing
forces, the change rates and settling time in scenario B
are noticed lower and less than those in scenario A, re-
spectively. Thus, the proposed control scheme has better
motion smoothness and time efficiency.

5. CONCLUSIONS AND FUTURE RESEARCH

This paper focuses on the speed regulation of a phys-
ically connected multi-vessel system for performing a
ship-towing process. We propose a distributed coopera-
tive multi-layer control scheme to make the multiple au-
tonomous tugs cooperatively not only move the ship to
the destination with the desired heading but also make it
following the waypoints and recommended speed profiles.
The distributed control structure is built based on the
ADMM strategy to reach the consensus between the ship
and the tugs. In the higher layer, the supervisory controller
outputs the desired towing forces and reference trajectory
for the tugs. In the lower layer, the tug local controller
uses the above data to calculate the thruster forces and
moment for manipulating the ship. The control strategy
in the controllers is based on the MPC method, whose
cost function consists of position and velocity errors. A
time-varying weight factor is designed for normalizing the
two errors to make the ship follow both the waypoints and
the speed profile.

Simulation experiments indicate that the proposed method
has a better performance in the smoothness of the system
motion and the efficiency of the towing process. Future
research will focus on making the control scheme robust
against disturbances and performing collision avoidance.
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Fig. 5 shows the time-varying towing angles and forces,
and all the variables satisfy the operational constraints.
For the towing angles, the values in scenario B are ob-
viously smaller than those in scenario A. For the towing
forces, the change rates and settling time in scenario B
are noticed lower and less than those in scenario A, re-
spectively. Thus, the proposed control scheme has better
motion smoothness and time efficiency.

5. CONCLUSIONS AND FUTURE RESEARCH

This paper focuses on the speed regulation of a phys-
ically connected multi-vessel system for performing a
ship-towing process. We propose a distributed coopera-
tive multi-layer control scheme to make the multiple au-
tonomous tugs cooperatively not only move the ship to
the destination with the desired heading but also make it
following the waypoints and recommended speed profiles.
The distributed control structure is built based on the
ADMM strategy to reach the consensus between the ship
and the tugs. In the higher layer, the supervisory controller
outputs the desired towing forces and reference trajectory
for the tugs. In the lower layer, the tug local controller
uses the above data to calculate the thruster forces and
moment for manipulating the ship. The control strategy
in the controllers is based on the MPC method, whose
cost function consists of position and velocity errors. A
time-varying weight factor is designed for normalizing the
two errors to make the ship follow both the waypoints and
the speed profile.

Simulation experiments indicate that the proposed method
has a better performance in the smoothness of the system
motion and the efficiency of the towing process. Future
research will focus on making the control scheme robust
against disturbances and performing collision avoidance.
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